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In the 1980s, mainly due to K. Kato and S. Saito [K-S3], a generalization to higher dimensional fields has been found. The description of the abelian extensions is given in terms of a generalized idèle class group, whose rather involved definition is based on Milnor K -sheaves. However, if one restricts attention to unramified extensions (with respect to a regular, projective model X of k), then class field theory has a nice geometric description using the Chow group CH 0 (X ) of zero-cycles modulo rational equivalence (see [K-S1] , [Sa] ).
In the case of positive characteristic, a description of a similar geometric flavor of the tamely ramified abelian extensions of k (w.r.t. a finite set D 1 , . . . , D r of prime divisors of X) was given in [S-S] . The objective of this paper is to prove the following result in the mixed characteristic case.
Theorem 1 Let X be a regular connected scheme, flat and proper over Spec(Z) such that its generic fibre X ⊗ Z Q is projective over Q. Let D be a divisor on X whose vertical irreducible components are normal schemes. Then there exists a natural isomorphism of finite abelian groups
Let us explain the ingredients of the theorem. First of all,π . Furthermore (loc.cit.) this group depends only on the scheme U = X − supp(D). Hence it is desirable to give a formulation of the tame class field theory of U solely in terms of U. We conjecture that the above theorem is true with the relative Chow group replaced by h 0 (U ), the 0th singular homology group of U, which was considered in [S2]. Indeed, there exists a surjective reciprocity map and the conjecture is that this surjection is an isomorphism. At the moment this is known if dim X = 1 or if D is zero. 4. If dim X = 1, then CH 0 (X, D) is isomorphic to the ray class group of the number field k(X ) with modulus m D where m D is the (square-free) product of the points in D. In this case, rec is the reciprocity homomorphism of classical (one-dimensional) class field theory.
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Notational convention: Throughout this paper, given a scheme Y , we denote by Y
+ the disjoint union of its irreducible components and byỸ the normalization in its total ring of fractions.
Relative Chow groups
We start by collecting some facts on relative K -groups. A more detailed discussion and proofs of the results mentioned below are found in [Le], § 1. Following Quillen [Qu] , the K -groups of an exact category C are defined by
